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“Amer Math Monthly” Vol 90 (1983) No, 10(p693-p6¢7) I Denis Higgs fy3r#&
«{ Iterating the derived set function) R T REE FEERE M —EHR, BHXE
FEEEMERDEE- MR, MEEASRERN, RIITLEBHAE, #53%,

AT HEEER—TEEWE X RG R,

d(A) iEHRINEES FTFERANSE, BIATES hTAERIRANES, PL6) 12X
SHESE., WS LR IFIMNISERH I : BB G) R4S LG ER.

BB B¥d : BO>B(s) ES EN—NFHEEEY B ALY,

1) (@) =DPHNFHHA, BERL(s), d(AUB) =d(A) Ud(B);

(i) x¢dx), VX€ES;

Gi) HFHHAEC P (5), A (A SAUdA),
(d)y =d({x}), d?(A) =d(d(A)))

SE—~MBEEHIeREME : P(s)—»P () #HFa FEETHARNEXDT

d’ (A) =d(A) d**1(A) =d(d°(A))

di(A) = ] d°(A)
a<iA

XEARD ) BHEERT, ¢ RETFH, 4 i0REFK.

B BAAES EN—A T SERY (F: FEXh &I &EH HitRE
R’ ToRANFT, 5T, ZHNLSBEAE—NTFEMAC K (9, dA) BFH B, BAXN
FFEWEERF e, &S FH—AT ) REEE. MAX e<B, & <d® RurRxfrge, 8,
~d*8 = df.d" *ud“ﬂ= (da)ﬂ ﬁ)’Zﬁ.

RXEERABTHAEIEHEX N EEY. EEIERT dP<d® (B d?(A) <d*(A)) 3¢t
~a<BEXII.

BEETHCHBRENE 1D ), 2400, EIEHMEEFEA QW R $FER
AETHIR (WERBEESTHEEERROBHIR, BFRE—THIFELL . A TETHHE,
BEXHR—NEDRDT:
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(7 (1> is certainiy true and (3 (a) clearly implies () (a+ 1), Suppose & (a)
holds for all ¢<(i, Then ¢ (,) states that
ﬂlu"’(A) nNd By = Nd*(AN ﬂAd“(B)

a < a<d

and it is clear that the left-hand side is contained in the right. To show that the
other contzinment also holds, let x be in the right-hand side, so that x €d*(A) Nd#(B)
for some a, 8< ), where a<(B, say. Then x<d'(A) Nd9(B) and hence x is in the left-
hand side. 80 ¢)(3) holds, snd we therefore have ¢)(a) for :ll e,that is, d° satisfies
condition (i) for all o,

Nd*(AUBy = Ot uddi= 0 d (A) unaum {n HIEFREXHHNE LU,

a<A Z a <A
HIUEBA RN (AR RS BIEFE R 8 RS HIER R,
N udmi=0 d@ U N @@ ZRRY, EFARNEERR.

o<A a<}

BEXC f}; (¢ A uae®l, Ve, x&d®(A) yd (B), Bixcd'(A) gxcd (B,
LR IR H: VB<A, Fy<<a HB<Y {F B xcd’(A) 5 VE<A, Ty<a HB<Y &
xCd(B), RMOBEFIHERRI, BEIE8, <X RS, <VY<AHEEEY, x¢d (4), i
x£d"B), XPRHME S/, BBy, xcd’(A) T,

AP <d*Ife<BRRIr (EEHEIE) Va<<i,xCd(A4), RiGxE N d°(A),

a<y
wiiee 1d7A) U NdYB), HFHERILBFRERELX A,

RO () AERTIRBUF S A R 2L
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