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A Characterization of a p-Uniformly Convex Space

Pan Xingbin (&ILR)
(Shandong University)

V.I.Istrﬁgescu[lvp-lozjintroduces the following notions: A Banach space E is
said to be p-uniformly convex (p> 2)if the modulus of convexity of E satisfies
the inequality

() =Crh, <1< 2,
for some positive constant C,A Banach space E is said to be ¢ -uniformly smooth
(1<9<2) if the modulus of smoothness of E satisfies the inequality

Pe(s) <ds? ys>0.
for some positive constant d, where

. +
Sgy=inf {1 — =52 s x| = |y l=1. |x-»]=1,

ﬂE<S>=—§—sup Clesy i+ fx=pl-2:lx]=1, [¥]=s.

In this note we prove the following conclusion,
Theorem A Banach space E is p-uniformly convex if and only if E*is ¢-

uniformly smooth; E is g-uniformly smooth if andonly if E*is p-uniformly con-

vex, where p>2, 1 <g< 2, —117+—61]—: 1.
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