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k-Quasihyponomnal Operators on the Hilbert-Schmidt Class

Hou jinchuan Wang Yongming

(Shanxi Teachers University)

Abstract

An operator T acting on a Hilbert space H is called k- quasihyponormal
if (T)=T*"%(T*T-TT*)T*>0. Let A and B be two operators on H, one can
obtain an operator 1=7,4 on the class ¥, of all Hilbert-Schmidt operators on
H in such a way that 7 (X)=A4AXB for every X€ ¢,, In this note the auth-
ors show that

Lemma Assume that T is a k-quasihyponormal operator on H and T*x ¢ .
Let {T} =f:ldE4 be the spectral decomposition of {T}. Given &> (0, denote
Som X

H,:JZdEAH. For any non-negative integers m and n, write T*"T"= (Y Z)

with H=H,DH;. Then we must have |S,.|>r"", where r is the spectral



radius of T.

Theorem 71 is a k-quasihyponormal operator on the Hilbert-Schmidt
class % if and only if one of the following conditions holds;
(1) Both 4 and B*are k-quasihyponormal,
(2) A=por B=0.

Theorem Suppose that 4% ¢ and B*~ 0. Then both A and B are k-qua-
sithyponormal operators if and only if the inequality

({A)XB'x, XB*'x)> (- (B*} X" A** Ax, X" A" Ax)

holds for every rank-one operator X and every vector x in H,
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