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Let {a,; and [(b,ibe any two sequences of non- negative numbers such that
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Jab<Coo and 0 < ibj<<m, where 1/p+1/g=1(p>>1). Then Hardy- Riesz’s
extension of the Hilbert inequality can be sharpened to the form
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where W, (x) (x= p or g) are the weight-coefficients defined by
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Note that Hardy- Riesz’s extended Hilbert inequality is implied by (1)

and (2 ) since
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The particular case p*tI“Z of (1) nges
4,0, 1/2 = :( 2 1/2
Zlnz‘m+n<(2( #—nﬂ) (";l( n+1)b)

In fact, this can be sllghtly 1mproved to the form
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The proof of (1) depends esentnally on a verification of the following ine-
quality
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However the case for (3 ) requires a special ‘treatment, All details will appear
elsewhere.
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