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1 V Q2 w(z) X ŵ(z) :�:{���7�
ψ(z, w) = Aν(z)wν +Aν−1(z)w

ν−1 + · · · +A0(z) = 0 (1)X
ϕ(z, ŵ) = Bµ(z)ŵµ +Bµ−1(z)ŵ

µ−1 + · · · +B0(z) = 0 (2)C*.& ν �X µ �!=GS=�%� Aj(z) (j = 0, 1, . . . , ν) X Bj(z)(j = 0, 1, . . . , µ) S�S=�'�
n,K5S���4n�d�X�2 µ ≤ ν. 1,s a ∈ Ĉ, � n0(r, a) �9 w(z) = aX ŵ(z) = a 
� |z| < r �EG�,=�'�n�,�hAn��	�
N0(r, a) =

µ+ ν

2µν

∫ r

0

n0(t, a) − n0(0, a)

t
dt+ n0(0, a) log re

N12(r, a) = N(r,
1

w − a
) +N(r,

1

ŵ − a
) − 2N0(r, a).�O�X�p�qvyT℄ [1] �&<WX;��-m(r, w), N(r, w), T (r, w), N (r, w), S(r, w)(��y E(a,w) �9 w(z) − a &�,dZ (a = ∞ 5S w(z) &
,dZ), �B�, (
,) vhAn��J~!=GS=&QndVE�p|n`sO [1−4]. ÆTpT℄ [1] �&.?.�#�ML�%$DV&s��

2 \S704BZ?U; 1 2 w(z) X ŵ(z) :�S{ (1) X (2) *.& ν �X µ �!=GS=��"[<Io (njS (C)):E.CA: 2005-05-11; 6FCA: 2006-07-0238O�: Nl +~kbu (10471048).
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(C): Aν(0) 6= 0, Bµ(0) 6= 0, w(0) � ŵ(0) YEG��. w(z) 6≡ ŵ(z), �
∑

N0(r, a) ≤
µ+ ν

2
[T (r, w) + T (r, ŵ)] +O(1).Y> 2 w(z) 6≡ ŵ(z), �

∑
n0(r, a) ≤ n(r,

1

R(ψ, ϕ)
). (3)%� R(ψ, ϕ) : ψ(z, w) X ϕ(z, w) &s8 [1,P36]; f

R(ψ, ϕ) = [Aν(z)]µ[Bµ(z)]ν
∏

1≤j≤ν,1≤k≤µ

[wj(z) − ŵk(z)].{ Jensen E8�
N(r,

1

R(ψ, ϕ)
) =

1

2π

∫ 2π

0

log |R(ψ, ϕ)|dθ + log |
1

R(ψ, ϕ)
|z=0

=
µ

2π

∫ 2π

0

log |Aν(reiθ)|dθ +
ν

2π

∫ 2π

0

log |Bµ(reiθ)|dθ+

1

2π

∫ 2π

0

log |
∏

1≤j≤ν,1≤k≤µ

[wj(re
iθ) − ŵk(reiθ)]|dθ +O(1)

≤ µν[T (r, w) + T (r, ŵ)] +O(1). (4){ (3) 8reIo (C), |
∑

N0(r, a) ≤
µ+ ν

2µν
N(r,

1

R(ψ, ϕ)
).sZ (4) 8�v� 1 ���℄ 1 6k0�Io (C)�r)-��g#nB�^f���-�m2| Aν(0) = 0, Bµ(0) =

0, w(0) � ŵ(0) |EG��uS!�r
$n, z0 ∈ C, 7% Aν(z0) 6= 0, Bµ(z0) 6= 0, w(z0) �
ŵ(z0) YEG����

ψ∗(z, w∗) = ψ(z + z0, w) = Aν(z + z0)w
ν +Aν−1(z + z0)w

ν−1 + · · · +A0(z + z0)

= A∗
ν(z)w∗ν +A∗

ν−1(z)w
∗(ν−1) + · · · +A∗

0(z) = 0X
ϕ∗(z, ŵ∗) = ϕ(z + z0, ŵ) = Bµ(z + z0)ŵ

µ +Bµ−1(z + z0)ŵ
µ−1 + · · · +B0(z + z0)

= B∗
µ(z)ŵ∗µ +B∗

µ−1(z)ŵ
∗(µ−1) + · · · +B∗

0 (z) = 0,� A∗
ν(0) = Aν(z0) 6= 0, B∗

µ(0) = Bµ(z0) 6= 0,w∗(0) = w(z0) � ŵ∗(0) = ŵ(z0) YEG��I
w∗(z) = w(z + z0) X ŵ∗(z) = ŵ(z + z0) �"v� 1 &Io�u3|

∑
N0(r, a) ≤

µ+ ν

2
[T (r, w∗) + T (r, ŵ∗)] +O(1) =

µ+ ν

2
[T (r, w) + T (r, ŵ)] +O(1).
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Io (C) :S���&nrÆ��6k0�K0v�)-D�fJQ�� w(z + z0) ≡ ŵ(z + z0) %$ w(z) ≡ ŵ(z).{v� 1 �f%U; 2 2 w(z) X ŵ(z) :�S{ (1) X (2) 8*.& ν �X µ �!=GS=�. w(z) 6≡

ŵ(z), �
lim

r→∞

∑
N0(r, a)

T (r, w) + T (r, ŵ)
≤
µ+ ν

2
.{v� 2 �%[<Qnd.��+; 1 2 w(z) X ŵ(z) :�S{ (1) X (2) 8*.& ν �X µ �!=GS=�.

lim
r→∞

∑
N0(r, a)

T (r, w) + T (r, ŵ)
>
µ+ ν

2
,� w(z) ≡ ŵ(z).[<.� 2 >w�T℄ [1] �.� 2.33.+; 2 2 w(z) X ŵ(z) :�S{ (1) X (2) 8*.& ν �X µ �!=GS=��"Io

(C). . aj ∈ Ĉ(j = 1, 2, . . . , 4ν + 1) :[^!�&=='�S w(0) &��7%
E(aj , w) ⊆ E(aj , ŵ), j = 1, 2, . . . , 4ν + 1 (5)X

lim
r→∞

4ν+1∑
j=1

N(r,
1

w − aj

)/

4ν+1∑
j=1

N(r,
1

ŵ − aj

) >
µ(2ν + 1)

(4ν − 2µ+ 1)(2ν − µ+ 1)
, (6)� w(z) ≡ ŵ(z).℄ 2 . µ = ν, � (6) 8n℄S

lim
r→∞

4ν+1∑
j=1

N(r,
1

w − aj

)/

4ν+1∑
j=1

N(r,
1

ŵ − aj

) >
ν

ν + 1
.+; 2 )Y> {!=GS=*4aÆ.�%

(2ν + 1)T (r, w) <

4ν+1∑
j=1

N(r,
1

w − aj

) + S(r, w), (7)

(4ν + 1 − 2µ)T (r, ŵ) <

4ν+1∑
j=1

N(r,
1

ŵ − aj

) + S(r, ŵ). (8)~:
4ν+1∑
j=1

N(r,
1

w − aj

) = O(T (r, w)), (9)

4ν+1∑
j=1

N(r,
1

ŵ − aj

) = O(T (r, ŵ)). (10)
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4ν+1∑
j=1

n(r,
1

w − aj

) ≤
∑

n0(r, a).sZIo (C) re w(0) �(� aj (j = 1, 2, . . . , 4ν + 1), %
4ν+1∑
j=1

N(r,
1

w − aj

) ≤
2µ

µ+ ν

∑
N0(r, a).	{v� 1 %

4ν+1∑
j=1

N(r,
1

w − aj

) ≤ µ[T (r, w) + T (r, ŵ)] +O(1).{ (7), (8) 8��|� (9), (10) 8%
4ν+1∑
j=1

N(r,
1

w − aj

)

≤ µ[
1

2ν + 1
+ o(1)]

4ν+1∑
j=1

N(r,
1

w − aj

) + µ[
1

4ν + 1 − 2µ
+ o(1)]

4ν+1∑
j=1

N(r,
1

ŵ − aj

).~:
[1 −

µ

2ν + 1
+ o(1)]

4ν+1∑
j=1

N(r,
1

w − aj

) ≤ [
µ

4ν + 1 − 2µ
+ o(1)]

4ν+1∑
j=1

N(r,
1

ŵ − aj

).Cr
lim

r→∞

4ν+1∑
j=1

N(r,
1

w − aj

)/

4ν+1∑
j=1

N(r,
1

ŵ − aj

) ≤

µ
4ν+1−2µ

1 − µ
2ν+1

=
µ(2ν + 1)

(4ν − 2µ+ 1)(2ν − µ+ 1)
.#�� (6) 8�2�u� w(z) ≡ ŵ(z).9.� 2 &���r%[�sO�+; 3 2 w(z) X ŵ(z) :�S{ (1) X (2) 8*.& ν �X µ �!=GS=��"Io

(C). . aj ∈ Ĉ (j = 1, 2, . . . , 3ν + µ+ 1) :[^!�&=='�S w(0) &��7%
E(aj , w) ⊆ E(aj , ŵ), j = 1, 2, . . . , 3ν + µ+ 1X

lim
r→∞

3ν+µ+1∑
j=1

N(r,
1

w − aj

)/

3ν+µ+1∑
j=1

N(r,
1

ŵ − aj

) >
µ(ν + µ+ 1)

(3ν − µ+ 1)(ν + 1)
,� w(z) ≡ ŵ(z).
h<.� 4 �&�X�\C�n`<W&Rt�2 w(z) S ν �!=GS=� γ S�B��=�� nγ)(r, 1

w−a
) �9 w(z) &�g��~ γ & a �,B=�.�h%�=��jS
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nγ)(r, 1

w−a
). ^w&���jS Nγ)(r, 1

w−a
) X N

γ)
(r, 1

w−a
). 2 γk (k = 1, 2, . . . , p) :��=��!=GS=&*4aÆ.��>bS [1,P109]

(

p∑
k=1

γk

γk + 1
− 2ν)T (r, w) <

p∑
k=1

γk

γk + 1
N

γk)
(r,

1

w − ak

) + S(r, w). (11)[<.� 4 ML�T℄ [1] �&.� 2.34.+; 4 2 w(z) X ŵ(z) :�S{ (1) X (2) 8*.& ν �X µ �!=GS=��"Io
(C). γj (j = 1, 2, . . . , p) :��=� aj ∈ Ĉ (j = 1, 2, . . . , p) :[^!�&=='�S w(0) &�`S w(0) &�g�~ γj &��� E

γj
(aj , w) �9 w(z)− aj &�,d�%�g��~ γj Æ��n�,�hAn��A~ γj Æ�)�h� E

γj
(aj , ŵ) �9 ŵ(z) − aj &^w�,d�.

(i)

E
γj

(aj , w) ⊆ E
γj

(aj , ŵ);

(ii)
p∑

j=1

γj

γj + 1
− 2ν − µ > 0;

(iii)

lim
r→∞

p∑
j=1

γj

γj + 1
N

γj)
(r,

1

w − aj

)/

p∑
j=1

γj

γj + 1
N

γj)
(r,

1

ŵ − aj

) >
µ∑p

j=1
γj

γj+1 − 2ν − µ
,� w(z) ≡ ŵ(z).Y> � (11) 8�5���.� 2 ��f��%�&9LN�
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Abstract: In this paper we investigate the uniqueness problem of algebroid functions, and generalize
some results in Ref. [1].
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